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The following convergence criterion of Fourier series is due to M. Izumi for an a , 0 < a < 1 and for a 6 , 0 < 6 < IT , then the Fourier series of (ji(t) is convergent at the origin.
The object of this paper is to generalize the above theorem in the Hardy-Littlewood direction.
1.
Let <j>(t) be an even periodic function which is integrable L and |d(«fyu))| = 0(t) , 0 < t < n .
Recently we [2] proved the following theorem:
for an a , 0 < a < l and /or a 6., 0 < 6 < TT , then the Fourier series of 4> is convergent at the origin.
Hardy and Littlewood [/] generalized the condition (l.l) for the case A = 1 in the form 
2.
Proof of the theorem. To prove our theorem we need to show that Putting n = a , we have
say.
t~n Putting 6(t) = t~n4>(t) , then 6(t) = 0{t~n^) by (1.5). Since 
0(t) =
